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1 Ulohy na piimou integraci

2 _
Uloha 1.1. 1_/5“’ S du

VT
_ 522 — 3 52 3
Resvem’.]:/x dx:/<i——)dx:
NG T T
g1 1 5 5 3 1 5 1
5 [ x*"2dz—3 de:p:3x2—|—Tx2+C:2x2+6x2—l—C O]
2 2
T 2 .
Uloha 1.2.[:/3Lf5dx
cos? x
_ :))x 2 _5 d
Resvem’.l':/%dx:/iixdx—KS/ ;U de=---. O
cos? x cos? x

2 Ulohy na jednoduché substituce

2.1 Linearni substituce v =ax + b

Uloha 2.1. [ = /(cos(2q: —3) +sin(z + 5)) dx.

Reseni. I = /(cos(Zx—3)+sin(x+5)) dz = /Cos(2x—3) dx+/sin(m+5) dz =

u=2r—-3|v=x+95 1
du=2dz | dv=dz | = i/cos(u)du—l-/sin(v)dv:




2.1.1 Dalsi jednoduché substituce
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3 Integrace metodou per partes

(w-v) =dv+w = w=@wWwv)-—uvv =

/uv'dx:/(u-v)'dx—/u'vdx:uv—/u'vdx.

Uloha 3.1. I = /sin%dm.

Resent. I = /sin2xda: = l

u=sinr v =sinzx }

, = —sinzcosa+ [ cos’zdr =
u' =cosx v=—coszw

—sina:cos.%l—/(l—sin2 z)de = —sinwcosx+/ da:—/sin2xdx = —sinz cosx+

T — /siandx.



Méame tedy rovnost:

/sinZ:Eda:: —sina:cosa:—l—a:—/sin?a:dx.
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3.1 Vypocet I. a I
Uloha 3.4. Vypoctéte

I. = /e‘” cosbr de, I, = /e‘w sin bx dx
(budeme pocitat primitivni funkce pro C' = 0).
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Reseni. V integralu I, se pouzije dvéma zptisoby metoda per partes: a) pro u =
cosbr a v/ = e b) pro u = e*, v = cosbx:
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Tim dostaneme soustavu
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3.2 Rekurentni vzorec pro integral I,
d
Uloha 3.5. Naleznéte rekurentni vzorec pro integrdl I,, = /—xn} n > 2.
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Reseni. V integralu I,,, kde m > 1, polozime © = —— -, v/ = 1 a dostaneme
(a® + x2)
1, = Lm + 2mli,, — 2ma2lm+1, odkud vyjadiime I,,,.1. Polozime-li pak
(a® + 22)
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1 2n —3




Uloha 3.6. Vypoctéte I :/
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Reseni. Vyuzijeme rekurentni vzorec pro I:
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